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Abstract: In the Raman probing of multilayer thin film materials, the intensity of the measured
Raman scattered light will be impacted by the thickness of the thin film layers. The Raman
signal intensity will vary non-monotonically with thickness due to interference from the multiple
reflections of both the incident laser light and the Raman scattered light of thin film interfaces.
Here, a method for calculating the Raman signal intensity from a multilayer thin film system
based on the transfer matrix method with a rigorous treatment of the Raman signal generation
(discontinuity) is presented. This calculation methodology is valid for any thin film stack with
an arbitrary number of layers with arbitrary thicknesses. This approach is applied to several
thin film material systems, including silicon-on-sapphire thin films, graphene on Si with a SiO2
capping layer, and multilayer MoS2 with the presence of a gap between layers and substrate.
Different applications where this method can be used in the Raman probing of thin film material
properties are discussed.
© 2020 Optical Society of America under the terms of the OSA Open Access Publishing Agreement

1.

Introduction

Thin film materials are integral to many aspects of modern life, with silicon integrated circuits
and thin film transistors being the most prominent [1–2], but also solar cells, light emitting diodes,
thermoelectric devices, and various sensors [3–5]. Additionally, next generation two-dimensional
atomic layer materials such as graphene and transition metal dichalcogenides are becoming ever
more prevalent in research. The now familiar material graphene, which is a two-dimensional
hexagonal array of carbon atoms, has attracted significant interest due to its unique electrical,
thermal, and mechanical properties [6–7]. Similarly, transition metal dichalcogenides (TMDs)
of the form MX2 (where M = Mo, W; X = S, Se, or Te), which are semiconductive in nature,
have generated significant research interest due to their potential for applications in a wide range
of electronic and optical devices [8–9]. Furthermore, these 2D materials can be stacked into
multi-layer structures in which the layers are weakly bonded by van der Waals forces [10]. These
so-called van der Waals (VDW) heterostructures also have numerous potential applications [11].
Raman spectroscopy has been commonly used to characterize the structure of thin film
materials outlined above. Raman spectroscopy is an optical spectroscopy technique used in
analytical chemistry that is based on the inelastic scattering of incident light by optical phonons
in materials [12]. When a photon is incident upon a molecule, it sends the molecule into a
higher energy virtual state before being reemitted. In most cases the scattered light is at the
same wavelength as the incident light. A small number of photons however are scattered at a
different wavelength as the molecule settles into a different vibrational state; this is known as
Raman scattering. The wavelength of the scattered light depends on the molecular structure of
the material, and can therefore be used as a fingerprint for identifying different materials [13].
#403705
Journal © 2020

https://doi.org/10.1364/OE.403705
Received 24 Jul 2020; revised 23 Oct 2020; accepted 27 Oct 2020; published 6 Nov 2020

Research Article

Vol. 28, No. 23 / 9 November 2020 / Optics Express 35273

Raman spectroscopy is therefore useful for probing the structure of materials [14]. It is also
observed that temperature can impact the Raman signal in terms of intensity, frequency (Raman
shift) and linewidth. This enables non-contact and non-destructive temperature measurements to
be made of Raman active materials [15]. Our lab has developed multiple methods for materials
thermal characterization using Raman spectroscopy-based techniques [16–18].
Previous research has shown that in the Raman probing of supported films, the intensity of
the Raman signal is non-monotonic as a function of film thickness [19–21]. This has been
shown to be due to interference of both the incident light as well as the Raman signal from
multiple reflections at the interfaces with the substrate and the environment. Previous studies have
calculated the Raman signal intensity vs. thickness for one- or two-layer films on a semi-infinite
substrate from the Fresnel equations and calculations of optical path length [19–21]. However, a
general solution for predicting the Raman signal intensity as a function of thickness for films
with an arbitrary number of layers has not yet been reported. Additionally, previous calculations
of the Raman intensity calculation of one- or two-layer films do not rigorously treat the Raman
signal generation within the film. In the work by Wang et al. [20], the forward and backward
Raman scattering in the Raman active film is treated at the same phase, which will lead to errors
in the Raman signal evaluation. In the work by Yoon et al. [21], the non-continuity of the Raman
signal in the Raman active layer (due to Raman signal generation) is not considered.
In this paper, we report on the rigorous calculation of the Raman signal intensity from a
Raman-active layer in a multi-layer film stack, properly taking into account the Raman signal
generation and propagation within the film, using the transfer matrix method (TMM). The
calculation is adaptable to any film with an arbitrary number of layers, where any layer in the
film can be Raman-active. The backward and forward Raman signal generations are considered
separately, which can be treated to be coherent or with specific phase lag. Additionally, when
calculating the Raman signal as a function of thickness, the layer with varying thickness and the
Raman-active layer need not be the same. In the following section, we present the derivation of
the Raman intensity calculation. Application of the calculation approach is then demonstrated for
several material systems: epitaxial silicon-on-sapphire (SOS), multi-layer graphene over silicon
dioxide on a silicon substrate, and multi-layer MoS2 on Si with a spacing between the layers and
the substrate. Potential applications for utilizing these calculations are also discussed.
2.

Theory

2.1.

Laser propagation in the multi-layer system

For a multi-layer thin film subject to an incident plane wave, the transfer matrix method (TMM)
can be applied to determine the overall transmission and reflection coefficients, as well as the
electric field amplitude at any location in the film stack [22–24]. Consider the multi-layer film in
Fig. 1, the components of the electric field amplitude in the positive and negative directions at
the front and back surfaces of the film stack are related by the transfer matrix S.
+
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Fig. 1. General multilayer thin film structure having m layers between ambient (layer 0) and
semi-infinite substrate (layer m+1). Each layer j has a thickness dj and a unique complex
index of refraction. The electric field at any point is comprised of a component propagating
in the positive direction and a component propagating in the negative direction. If layer
j is Raman active, the Raman signal emanating from location x within has a backward
propagating component E1 and a forward propagating component E2 .

Here Ijk is the interface transfer matrix for the interface between medium j and medium k. It is
defined from the interface reflectance coefficient rjk and transmittance coefficient tjk as
© 1/tjk
Ijk = 
« rjk /tjk

rjk /tjk ª
®.
1/tjk ¬

(3)

For a plane wave with normal incidence, which is an adequate approximation for a back-scattering
Raman setup, the reflectance and transmittance coefficients are the same for both s- and p-polarized
light and simplify to
ñj − ñk
2ñ
(4)
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ñj + ñk
Here, ñj is the complex index of refraction ñj = nj + ikj for layer j. Lj is the propagation matrix
for layer j, which defines the absorption and phase shift that occurs in layer j, and is defined as
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where βj = (2π/λ)ñj .
The matrix transfer method can be used to determine the electric field amplitude at any position
in a multilayer film stack [25]. First, we recognize that for layer j, the total transfer matrix can be
expressed as S = Uj Lj Dj where the upstream and downstream transfer matrices are respectively
!
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From these definitions, it can be shown that the electric field amplitude at a location x within
layer j can be calculated as
Ej (x) = (Dj11 /Sj11 e−iβj (dj −x) + Dj21 /Sj11 eiβj (dj −x) )E0+ .

(8)

2.2. Raman signal generation: discontinuity in Raman active layer and coherency
consideration
In general, the Raman signal generated at location x is proportional to the optical field intensity
Iopt of the incident laser, with units of W/m2 . It can be determined from the electric field
amplitude as
cε0 n
|E(x)| 2 ,
(9)
Iopt (x) =
2
where c is the speed of light, ε 0 is the permittivity of free space, and n is the material refractive
index. Therefore, the Raman signal generated at each location is proportional to the electric field
intensity of the incident laser at that location. Referring to Fig. 1, a Raman signal generated
at location x is assumed to have the form of a plane wave emanating in both directions with
amplitudes E1 and E2 in the backward and forward directions, respectively.
Different from the laser propagation evaluation, the transfer matrix method cannot be simply
applied to the overall film stack to evaluate the Raman signal propagation. Here we first apply
the transfer matrix method to the layers before and after the Raman active layer. Then the Raman
signal discontinuity is accurately considered in the Raman active layer. As shown in Fig. 1, the
generated Raman signal propagating from location x within layer j in the forward and backward
directions are considered separately due to their different contributions to the resultant measured
intensity. At this point, we take the generated Raman signal propagating in each direction to have
unit amplitude and an arbitrary phase shift. For the Raman scattering in the backward direction,
E1 , the resultant electric field amplitude in the layer j just prior to the interface between layers j
and j+1, we have
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generation (backward) at location x, the electrical field has a unit step change after the light
passes this location. Considering this discontinuity, we have
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Then the Raman scattering light on the left side of the Raman active layer j can be described as
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From the above equation, we will have
+ −iβj dj
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+ we have
Finally, solving for Ej2
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and the backward Raman scattering emitted from the film stack is
+
+
E0− |backward = U21 Ej2,1
e−iβj dj + U22 [D21 /D11 · Ej2,1
eiβj dj + eiβj x ].

(15)

In these equations, U and D are the same transfer matrices from Eq. (6) and Eq. (7), respectively,
except calculated using the wavelength of the Raman scattered light and the complex refractive
index at that wavelength. A similar approach is taken for the forward scattered Raman light E2 :
+
Ej2,2
=

U11

e−iβj dj

U11 e−iβj x
.
+ U12 D21 /D11 · eiβj dj

(16)

The contribution to the Raman signal at the surface from the forward scattered light is
+
+
E0− |forward = U21 [Ej2,2
e−iβj dj − e−iβj x ] + U22 D21 /D11 · E2j,2
eiβj dj .

(17)

We rename the backward and forward propagating Raman light emerging from the surface
− and E − , respectively. Combining these equations for the case where the forward and
as E0,b
0,f
backward Raman signals are coherent and emitted with the same phase, we obtain a dimensionless
− +E − | 2 which can be calculated at each location
enhancement factor to the Raman signal of |E0,b
0,f
x in layer j. As noted, the Raman signal generated at each location x is proportional to intensity
of the incident light |Ej (x)| 2 . The total Raman signal measured at the surface of the multi-layer
film stack can be found from the integral over the Raman-active layer thickness
∫
IRaman = [|Ej (x)| 2 · |E0− | backward + E0− | forward | 2 ]dx.
(18)
j

In general, the backward and forward propagating Raman signals may not be in phase. We can
introduce an arbitrary phase shift φ between them to obtain the total intensity
∫
−
− iφ 2
IRaman = [|Ej (x)| 2 · |E0,b
+E0,f
e | ]dx,
(19)
j

− +E − eiφ | 2 and integrating over φ will
where φ is a random phase shift. Expanding the term |E0,b
0,f
lead to the below expression for the incoherent case:
∫
− 2
− 2
IRaman = [|Ej (x)| 2 · (|E0,b
| + |E0,f
| )]dx.
(20)
j

3.

Results and discussion

This transfer matrix-based methodology for calculating the Raman intensity as a function of layer
thickness for multi-layer thin films is applicable to any multi-layer thin film with an arbitrary
number of layers. As shown in the following sections, it may be used to predict the Raman
intensity as a non-monotonic function of layer thickness. Additionally, in the calculation, the
layer which is being varied in thickness need not be the same layer for which the Raman signal is
being measured. A MATLAB program was written to perform these calculations. The inputs
to the model are the complex index of refraction for each material layer at both the incident
wavelength and the Raman scattered wavelength, and the thickness of each layer. Three material
systems are evaluated: silicon-on-sapphire, multi-layer graphene on a substrate, and multi-layer
MoS2 where a gap exists between film and substrate.
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Silicon-on-sapphire: three periodical variations of Raman intensity

Epitaxial silicon grown on sapphire substrates, known as silicon-on-sapphire (SOS), is used to
fabricate electronic circuits with a small footprint and lower energy consumption [26]. These
benefits are a consequence of the highly insulating sapphire substrate, which has a low parasitic
capacitance. Due to the slight mismatch in the atomic spacing between the sapphire R-plane and
the Si 100 plane, significant residual stresses can develop [27]. Raman spectroscopy is one tool
that can be used to probe these stresses. However, the intensity of the Raman signal will vary
non-monotonically with the thickness of the Si film due to interference of the incident and Raman
scattered light. Here, the intensity of the 521 cm−1 Raman shift is calculated as a function of Si
film thickness. The wavelength of the excitation light is 532 nm. The indices of refraction used
in the calculation are 4.152 + 0.052i and 4.096 + 0.043i for Si at the excitation and wavelengths,
respectively [28]. For the sapphire substrate, the corresponding indices of refraction are 1.772
and 1.770 [29]. In Fig. 2(a), the Raman intensity is calculated for the cases where the forward and
backward Raman scattering are coherent [Eq. (18)] and incoherent [Eq. (21)]. An enlargement
of the Raman intensity for Si thicknesses up to 500 nm is shown in the inset of Fig. 2(a). It is
clear that the Raman intensity for the coherent case is larger than the incoherent case. This is to
be expected; in the superposition of incoherent waves, there will be more negative interference
leading to a lower amplitude. The ratio between the coherent signal to the incoherent signal is
given in the inset of Fig. 2(b). As the Si thickness increases, the coherent intensity converges
with the incoherent intensity as more of the reflected signal is absorbed.

Fig. 2. Calculated intensity of the 521 cm−1 Si Raman shift as a function of Si film
thickness on a sapphire substrate. (a) The non-monotonic variation in the Raman intensity
vs. thickness is due to interference of both incident and Raman scattered light calculated for
the cases of coherent and incoherent combination. The secondary lower frequency variation
in Raman intensity is due to difference in wavelength between incident and Raman scattered
light. Inset: An enlargement of the variation in Raman intensity for Si film thickness up to
500 nm. (b) FFT of calculated Raman intensity vs thickness curve. Two frequencies are
found. The first, with period 64.1 nm corresponds to interference of the incident light. The
second, with period 66.7 nm corresponds to interference of the Raman scattered light. Inset:
ratio of intensity from the coherent case to intensity from incoherent case.

In Fig. 2(a) the periodic variation of the intensity of the Raman scattered signal is apparent.
This is a result of multiple reflections of both the incident and Raman scattered light at the
thin film interfaces creating interference. It is also noted in Fig. 2(a) that there appears to be a
secondary, lower frequency in the variation of Raman signal intensity with thickness. Referring
to Eq. (20), the contribution to the Raman intensity from a location x within the Si film is the
electric field amplitude of the Raman light at the surface calculated by the TMM. This is weighted
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by the amplitude of the incident light at location x [Eq. (9)]. There is a small difference in the
wavelength of the incident light (532 nm) and the Raman scattered light (521 cm−1 ). Due to this
difference in wavelength, the two terms in Eq. (20) will have slightly different frequencies. A
fast Fourier transform (FFT) was performed on the data in Fig. 2(a) and two frequencies were
identified [Fig. 2(b)]. The FFT was performed on the data from both the coherent and incoherent
cases. The same two frequencies were identified in both cases. The first, with a period of
64.1 nm, corresponds to interference of the incident light. The second, with a period of 66.7 nm,
corresponds to the interference of the Raman scattered light. This results in a secondary variation
with a period of around 1667 nm, which corresponds to the observed variation in Fig. 2.
In general, the interference of the incident light and the Raman scattered light will have separate
impacts on the measured Raman intensity as a function of film thickness. For normally incident
laser light, the optical field intensity within the film of interest will have a periodic variation in
the thickness direction with a period given by Tinc = λinc /2n. The factor “2” comes from the fact
after reflected from the bottom interface, the light will travel a distance of double film thickness
to constructively interfere with the light reflected at the top interface. Similarly, constructive
interference of the Raman scattered light emerging from the film varies with the film thickness
with a period given by TRaman = λRaman /2n. Based on these equations, the periods are calculated
to be Tinc = 64.07 nm and TRaman = 66.79 nm, which agree very well with the periods uncovered
by Fig. 2(b): 64.1 nm and 66.7 nm. The superposition of these trends results in the observed
variation in Raman intensity vs thickness, with a period ω = 2(1/Tinc + 1/TRaman )−1 . The larger,
secondary variation can be found as ωs = (1/Tinc − 1/TRaman )−1 . This gives a period of 1573 nm,
which is exactly found in the simulation data. These equations can be quickly used to estimate
the period in the variation of measured Raman intensity as a function of thin film thickness.
3.2.

Multi-layer graphene and comparison with reported work

It has previously been noted that the Raman signal from multi-layer graphene on Si substrates can
be enhanced with a SiO2 capping layer [20,21]. This signal enhancement is due the interference
effects from multiple reflections of the incident and Raman scattered light within the thin film
layers. Previous studies have calculated this effect from the Fresnel equations. Here, the Raman
signal intensity is calculated using the described method. The complex indices of refraction
used in the calculation are experimentally determined values from the literature and are given
in Table 1. A single value for the graphene index of refraction is used as a first approximation.
Here, incoherent combination of the forward and backward scattered Raman signal is assumed
[Eq. (20)].
Table 1. Optical Constants Used in Graphene Raman Intensity Calculation
Material

Incident (532 nm)

Raman G-band (1586 cm−1 )

Ref.

Graphene

2.679 + 1.223i

2.685 + 1.287i

[30]

SiO2

1.467 + 0.002i

1.465 + 0.002i

[31]

Si

4.152 + 0.052i

3.995 + 0.037i

[28]

In Fig. 3(a), the Raman intensity is calculated for varying multi-layer graphene thicknesses;
from 1 to 50 layers, with a fixed SiO2 layer thickness of 100 nm. The incident laser light is
532 nm, and the intensity is calculated for the graphene G-band (1586 cm−1 ). The thickness of
an individual graphene layer is taken to be 0.34 nm. As the thickness of the multi-layer graphene
increases, the Raman intensity increases until about 17 layers, then decreases roughly linearly
with number of layers. This is due to the increasing absorption of the incident light as the number
of layers increases. In Fig. 3(b), the intensity of the graphene G-band is calculated for single-layer
graphene on a Si substrate with an SiO2 layer that varies from 0–500 nm. Because this is not a
simple film on a substrate and the layer that is varying in thickness is not the same as the Raman
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active layer, the period of the variation in Raman intensity with film thickness cannot be simply
calculated as above. However, because the graphene layer is thin compared to the SiO2 layer,
using the index of refraction for SiO2 provides a good estimate. For example, the period in the
Raman intensity against thickness curve is estimated using the index of refraction of SiO2 as
189.4 nm, while the actual period shown in Fig. 3(b) is 187 nm.

Fig. 3. Interference effects on intensity of 1586 cm−1 graphene Raman shift (G-band),
using 532 nm excitation. (a) Intensity of multi-layer graphene G-band Raman signal with
increasing number of layers, for a 100 nm SiO2 layer. (b) Intensity of G-band Raman shift
from a single-layer graphene for increasing SiO2 layer thickness.

In Fig. 4, the calculated intensity of the graphene G-band Raman shift from single-layer
graphene as a function of SiO2 thickness is calculated and compared to that calculated in [21]. In
this case, the excitation light had a wavelength of 514.5 nm. In [21], the calculation of the Raman
intensity was done with the approximation that Raman scattered light was at the same wavelength
as the incident light, and also using the actual wavelength of the Raman scattered light, and a
significant deviation was noted between the two. Also, in [21], the backward and forward Raman
generation are assumed to have zero phase shift at emission. The improved calculation of the
Raman intensity using the TMM follows a similar trend as the previous work, with a pronounced
difference at larger thicknesses. The period of the variation of the Raman intensity with SiO2
thickness of the present calculation falls between that of the two cases in [21]. This is because
in the previous work, either interference of the incident light or the Raman scattered light was
considered, but the compound effects of both were not properly considered. This also accounts
for the smaller magnitude at large thicknesses; a secondary variation would be apparent if the
calculation was extended to larger SiO2 thicknesses.
3.3.

Effect of interface spacing and layer number for multi-layered TMDs

The final material system to be evaluated is multilayer MoS2 on a Si substrate. Mechanically
exfoliated MoS2 layers which are transferred to a substrate can have significant corrugations
and imperfect interfaces with the substrate. This can have significant impact on the energy
coupling and transport between the MoS2 layers and the substrate. Probing of the energy transport
properties by Raman spectroscopy of these can be significantly affected by the presence of gaps
or spacing between the TMD layer and substrate [32].
1 Raman shift (383 cm−1 ) is calculated for several MoS
In Fig. 5, the intensity of the E2g
2
layers (1–10) and a range of gap spacings between the layers and the Si substrate (0–5 nm),
assuming incoherent combination of the backward and forward scattered Raman light. Again,
the excitation light is assumed to have a wavelength of 532 nm. The thickness of an individual
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Fig. 4. Calculated intensities of the Raman G-band of single-layer graphene as a function of
SiO2 layer thickness. Calculated Raman intensity based on the TMM approach is compared
to those calculated in [21].

layer of MoS2 was taken to be 0.72 nm. The complex index of refraction of bulk MoS2 was used
in the calculation (5.238 + 1.160i for incident light, 5.131 + 1.129i for Raman scattered light)
[33]. From Fig. 5(a) it is seen that the Raman intensity increases with MoS2 thickness for the
first ten layers, but that the rate of increase is larger for larger gap spacings. The presence of a
gap between the MoS2 and Si substrate provides some enhancement of the Raman signal. The
relative Raman intensity compared to no gap is shown in Fig. 5(b). This enhancement appears
minimal for small numbers of layers, but becomes more significant at larger numbers of layers.
For example, the enhancement of the Raman signal with a 5 nm gap spacing is only around 14%
compared to no gap spacing for an MoS2 monolayer, but increases to a 37% enhancement for 10
layers.

1 Raman shift of multilayer MoS on Si with a gap
Fig. 5. (a) Calculated intensity of the E2g
2
between the layers and substrate. The rate of increase in intensity with number of layers
increases with the gap spacing, illustrating the signal enhancement effect due to interference
that results from the presence of the gap. (b) Relative Raman intensity due to gap spacing
between MoS2 layers and substrate.
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Discussions

The transfer matrix approach to predicting the Raman signal intensity from multilayer thin film
stacks has a number of potential applications for probing physical properties and interpreting
experimental data. This approach calculates the Raman intensity as a function of layer thickness,
which provides an opportunity for metrology of multilayer thin films, where other thickness
measurement techniques may not be sufficient. For example, in the case of silicon-on-sapphire thin
films illustrated previously, measuring the thickness of SOS film using traditional ellipsometry is
challenging due to the optical properties of the sapphire substrate. Additionally, the technique may
prove useful for simultaneous measurement of the thickness of multiple distinct, Raman-active
layers within a multi-layer film stack. Alternatively, the inverse problem can be addressed. By
measuring the Raman spectra of multiple thin film samples with known thicknesses, the transfer
matrix approach could provide a means for an alternative determination of the complex index
of refraction. This may be particularly advantageous for two dimensional materials such as
graphene and TMDs.
Another application for this Raman intensity calculation is in the fabrication of samples for
the Raman probing of 2D materials such as graphene and TMDs. Substrates that 2D material
samples are deposited on can be optimized to maximize the enhancement of the Raman signal
when probing the properties of these materials with Raman spectroscopy. For example, the
thickness of the SiO2 layer on a Si substrate to which graphene is deposited can be optimized
to maximize the Raman signal from the graphene layer. Similarly, the layers of Van der Waals
heterostructures constructed from 2D materials can be probed and optimized to enhance the
Raman spectra of interest. Finally, when corrugation or other separation of layers and substrate
may be expected, the TMM approach to predicting Raman signal intensity can provide insight
into the quality of the interface between 2D material and substrate.
Note that in the practical application of Raman spectroscopy, there are many instrument
parameters that impact the measured signal intensity, from laser power to detector quantum
efficiency. For this reason, Raman intensities are typically reported in arbitrary units (a.u.).
In the practical application of the TMM-based calculation of the Raman signal intensity from
multi-layer thin films, an instrument-specific scaling factor should be applied to the values
calculated in Eq. (18) and Eq. (20), assuming that instrument parameters are maintained through
repeated measurements.
4.

Conclusion

In this study, a method for calculating the intensity of a Raman signal from a thin film within
a multilayer thin film stack with an arbitrary number of layers with arbitrary thicknesses was
developed based on the transfer matrix method. The discontinuity of the Raman light within the
Raman active layer was considered rigorously. Also, both coherent and incoherent forward and
backward Raman scattering were considered. This technique was applied to several different thin
film material systems to demonstrate the versatility of the developed approach. This includes
silicon-on-sapphire thin films. Interference effects from both the incident light and the Raman
scattered light impact the calculation of the Raman signal as a function of film thickness. Three
frequencies were observed in the Raman signal variation against film thickness, reflecting the
interference of the incident light, Raman signal, and their differential. Other applications include
Raman probing of two-dimensional material such as graphene and TMDs like MoS2 . The
enhancements of the Raman signal due to the thickness of underlying layers or gaps between film
layers and substrate were calculated. Several applications for this calculation are contemplated
for future experimental validation.
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